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ABSTRACT: Rechargeable batteries employing metal negative electro-
des (i.e., anodes) are attractive next-generation energy storage devices
because of their greater theoretical energy densities compared to
intercalation-based anodes. An important consideration for a metal’s
viability as an anode is the efficiency with which it undergoes
electrodeposition and electrodissolution. The present study assesses
thermodynamic deposition/dissolution efficiencies and associated
nucleation rates for seven metals (Li, Na, K, Mg, Ca, Al, and Zn) of
relevance for battery applications. First-principles calculations were used
to evaluate thermodynamic overpotentials at terraces and steps on
several low-energy surfaces of these metals. In general, overpotentials are
observed to be the smallest for plating/stripping at steps and largest at
terrace sites. The difference in the coordination number for a surface
atom from that in the bulk was found to correlate with the overpotential magnitude. Consequently, because of their low bulk
coordination, the body-centered alkali metals (Li, Na, and K) are predicted to be among the most thermodynamically efficient
for plating/stripping. In contrast, metals with larger bulk coordination such as Al, Zn, and the alkaline earths (Ca and Mg)
generally exhibit higher thermodynamic overpotentials. The rate of steady-state nucleation during electrodeposition was
estimated using a classical nucleation model informed by the present first-principles calculations. Nucleation rates are predicted
to be several orders of magnitude larger on alkali metal surfaces than on the other metals. This multiscale model highlights the
sensitivity of the nucleation behavior on the structure and composition of the electrode surface.
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■ INTRODUCTION

Despite the success of lithium-ion batteries,1−3 demands for
higher gravimetric and volumetric energy densities, greater
power output, and longer lifetime are driving research into
other battery chemistries “beyond Li ion.”4 In this regard,
metals are promising candidates for future battery anodes
because they have higher theoretical capacities than the
graphite-based, intercalation anodes used in lithium-ion
batteries, Table 1. Furthermore, the higher abundance of
non-Li metals may result in reduced costs.
The use of metal anodes in rechargeable batteries is not a

new idea. Early attempts to commercialize a Li metal-based cell
were unsuccessful because of dendrite growth during
charging.8 More recently, Fluidic Energy has commercialized
a rechargeable Zn−air battery,9 while Aurbach et al. developed
the first rechargeable battery incorporating a Mg metal anode
in 2000.10 Efforts to improve Mg batteries’ capabilities is an
active area of research.2,11,12 Al anodes are currently used in
primary batteries,13 but the use of an aqueous electrolyte limits
rechargeability because of the irreversibility of the Al2O3
discharge product. Plating and stripping Al metal anodes
using organic-based electrolytes has been largely unsuccessful

at room temperature,14−16 with ionic liquids demonstrating the
only evidence to date of cycling.17−19 Na batteries using
molten Na electrodes have been proposed for applications in
load-leveling and emergency power.3 Nevertheless, consid-
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Table 1. Properties of Candidate Negative Electrode Metals
for Use in Battery Applications

anode
abundance
(ppm)5

gravimetric
capacity
(mA h/g)

volumetric
capacity

(mA h/cc)
potential vs SHE

(V)6

Al 83 176 2980 8046 −1.66
Ca 52 481 1337 2046 −2.87
Mg 32 359 2205 3837 −2.37
Na 22 909 1166 1181 −2.71
K 9120 685 624 −2.93
Zn 79 820 5846 −0.76
Li 13 3862 2093 −3.04
graphite7 300−350 790 −2.79 to −2.94
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erable interest in room-temperature Na metal anode batteries
also exists, as evidenced by numerous studies on Na-ion, Na−
O2 and Na−S systems.3,20−22 Ren and Wu reported a K−O2
battery which showed a low discharge/charge voltage gap of
less than 50 mV during the initial cycle,23 and Zhao et al.
reported a K−S battery with impressive initial charge
capacity.24 Earlier attempts to cycle Ca anodes in organic-
based solvents proved unsuccessful;25 however, cycling of Ca
metal was recently reported at elevated temperatures26 and at
room temperature.27

These developments have stimulated growing interest in
batteries that employ metallic negative electrodes. To be
viable, metal electrodes should undergo electrodeposition
(ED) and -dissolution with low overpotentials. For some
metals, these processes are highly efficient, yet for others,
achieving efficient cycling is a greater challenge. For example,
Table S1 lists overpotentials extracted from cyclic voltammo-
grams reported in the literature. These data suggest the
existence of trends across the various metals. ED involving
Group I metals, such as Li, Na, and K, is the most efficient,
whereas ED of Ca is much less. Mg, Al, and Zn tend to fall
between these extremes, with their performance dependent on
the electrolyte composition, scan rate, and temperature. (e.g.,
Zn plating/stripping is typically efficient in aqueous electro-
lytes, but is less efficient in nonaqueous systems).28,29

These observations beg the question: Why are some metals
able to plate and strip more easily than others? The
overpotentials associated with ED and -dissolution provide a
measure of the efficiency of these processes. In general, these
overpotentials can be traced to four contributing processes:
charge transfer, mass transport, chemical reaction, and
crystallization.30 As a step toward understanding efficiency
differences between different metal electrodes, the present
study uses first-principles calculations to evaluate “thermody-
namic overpotentials (TOs)”31 associated with plating and
stripping on several low-energy surfaces of seven metals
relevant for battery applications: Li, Na, K, Mg, Ca, Al, and Zn.
Reactions at terraces and step edges are considered. The
thermodynamic factors probed here contribute to the reaction
and crystallization components of overpotentials and reflect
heterogeneity in the adsorption/desorption energy of ions
arising from inequivalent reaction sites on the electrode
surface.
We find that the magnitude of the calculated overpotentials

is in many cases similar to measured values, and ranges from
tens to hundreds of mV. These calculations also capture the
inefficiencies (i.e., large overpotentials) associated with ED of
Ca and Mg; the calculated TOs for these metals are amongst
the largest overall, which is consistent with measurements
(summarized in Table S1). We observe that a metal’s crystal
structure correlates with plating and stripping efficiency; the
body-centered cubic alkali metals are predicted to be among
the most efficient, whereas the remaining metals, all of which
possess face-centered cubic or hexagonal close-packed crystal
structures, are predicted to have higher TOs. As expected, ED/
dissolution is most efficient at kink sites on steps,32 while
terrace sites yield the largest TOs. Quantitative differences
between the calculated and experimentally measured over-
potentials point toward the importance of kinetic factors, such
as Ohmic resistance in electrolytes, diffusion through solid
electrolyte interphases, surface diffusion, electron transfer, etc.
These factors are not accounted for in the thermodynamic
analysis presented here.

Recognizing that the rate and density of nucleation can
affect the evolution of electrodeposits,33−36 steady-state
nucleation rates are estimated using a multiscale approach
wherein a classical nucleation model is informed by the present
density functional theory (DFT) calculations.37−39 These
simulations allow for a comparison of nucleation rates during
ED on different metallic surfaces and surface features (e.g.,
terraces vs step edges). The small TOs predicted for plating at
step edges result in higher nucleation rates at these features,
suggesting that a large population of kink sites will promote
efficient cycling. Nucleation rates on terraces differ by several
orders of magnitude across the metals, with rates on the body-
centered cubic metals predicted to be the fastest. In contrast,
nucleation rates at step edges are within a few orders of
magnitude of each other, indicating a relatively weak
dependence on metal composition.

■ METHODOLOGY

DFT calculations40 were performed using the Vienna Ab-initio
Simulation Package (VASP).41−44 The Perdew−Burke−
Ernzerhof formulation of the generalized gradient approx-
imation45 (GGA-PBE) was used for exchange−correlation
effects, and Blöchl’s projector augmented wave method46 was
used to describe interactions between the core and valence
electrons. The plane-wave energy cutoff was set to 350 eV for
all systems; convergence testing revealed that this cutoff was
sufficient to achieve energy convergence to within 1 meV per
atom. The electronic self-consistent iterations were discon-
tinued when the change in total energy and the change in
energy eigenvalues were both within 10−6 eV. Hellmann−
Feynman forces were converged to within 0.02 eV/Å.
Convergence testing was performed on the primitive cells of

the bulk metallic crystals to determine the optimal sizes of the
Γ-centered k-point meshes. Energy convergence to within 1
meV per atom was achieved for k-point grids of density 343 for
Al, 163 for Ca, 163 for K, 283 for Li, 203 for Mg, 163 for Na, and
273 for Zn. For surface cells used in surface energy calculations
and for expanded surface supercells used in the adsorption
energy calculations, Γ-centered k-point meshes of round (k0a0/
a) × round (k0a0/b) × 1 were used, where k0 is the k-point
grid dimension for the primitive cell, a0 is the primitive cell
lattice parameter (the basal plane lattice parameter in the case
of the HCP metals), and a and b represent the in-plane lattice
parameters of the surface cell.
During ED, atoms absorbed onto the electrode surface may

subsequently diffuse to join other atoms, forming both stable
and unstable clusters; some of these clusters then grow and
ultimately form an electrodeposited film. The growth of a
cluster is described as the sequential addition of individual
atoms. The critical nucleus size is defined as the minimum size
above which nuclei will spontaneously grow. Below the critical
nucleus size, clusters dissolve with high probability.47

According to classical nucleation theory,48,49 the time-
dependent nucleation rate, J(t), can be expressed in terms of
induction time, τ, and the steady-state nucleation rate, J0, using
eq 148
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where J0 is expressed as47
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Here, N is the total number of atoms per unit surface area of
the electrode that can contribute to the formation of nuclei.
Assuming that a layer of the electrolyte in the vicinity of the
electrode contributes directly to the nucleation, N can be
calculated using N = NA·C0·d, where NA is Avogadro’s number,
C0 is the electrolyte concentration (1000 mol/m3), and d is the
thickness of the layer of the electrolyte in the vicinity of the
electrode (assumed 10 Å for all cases). ΔGc is the formation
energy of the critical nucleus, gc is the number of atoms in the
critical nucleus, and ωc, is the frequency of collision of the
atoms with the critical nucleus.
In classical nucleation theory, the formation energy of the

cluster is assumed to be separable into bulk free energy and

surface free energy terms. This assumption holds as long as the
cluster is large enough to distinguish between its surface and
bulk regions. However, very small clusters do not satisfy these
criteria; the cluster does not necessarily take the crystal
structure of the bulk phase, and no clear differentiation
between the bulk and surface energy contributions can be
made. Therefore, an atomistic approach is necessary to
determine the formation energies of clusters that are on the
nanoscale. As described below, the deposition of the first
adatom on the electrode surface is consistently the most
endergonic or “uphill” ED step, independent of the surface
composition or structure (terrace or step). This behavior
suggests that the critical cluster size should be taken as a single
atom. Similarly, ΔGc is defined in eq 2 to be the reaction
energy of the deposition of the initial adatom at either a terrace
or a step.

Table 2. Calculated Surface Energies (σ) for a Given hkl Surface Facet with and without Corrections (Described in refs 63 and
64), the Equilibrium Area Fraction of Each Facet as Determined by the Wulff Construction, and the Area-Weighted Surface
Energy, σweighted

metal {hkl} σ uncorrected (J/m2) σ corrected (J/m2) other calculations (J/m2) area fraction σweighted (J/m
2) expt. values (J/m2)

Al {100} 0.92 1.05 0.93,53 0.9254 0.17 1.01 1.14,55 1.16,56 1.1457

{110} 1.01 1.14 1.03,53 0.9854 0.02
{111} 0.82 0.96 0.83,53 0.8054 0.57
{120} 0.99 1.13 1.0254 0.09
{113} 0.96 1.09 0.9854 0.15
{133} 0.99 1.12 0.9654

Ca {100} 0.46 0.49 0.53,58 0.44,59 0.4654 0.43 0.50 0.50,55 0.49,56 0.3757

{110} 0.55 0.58 0.64,58 0.52,59 0.5454

{111} 0.47 0.50 0.55,58 0.44,59 0.4654 0.57
{120} 0.55 0.59 0.5554

{113} 0.54 0.57 0.5354

{133} 0.53 0.56 0.5354

Li {100} 0.45 0.49 0.54,58 0.46,60 0.4654 0.33 0.52 0.52,55 0.53,56 0.5357

{110} 0.49 0.53 0.59,58 0.49,60 0.5054 0.33
{111} 0.53 0.56 0.60,58 0.53,60 0.5454 0.04
{114} 0.52 0.55
{120} 0.51 0.54 0.5154 0.13
{121} 0.54 0.57 0.5454 0.06
{233} 0.53 0.57 0.5254 0.10

Na {100} 0.23 0.24 0.26,58 0.22,60 0.2254 0.20 0.24 0.26,55 0.26,56 0.2457

{110} 0.21 0.23 0.25,58 0.22,60 0.2254 0.67
{111} 0.23 0.25 0.30,58 0.26,60 0.2554 0.09
{114} 0.25 0.26
{120} 0.29 0.30 0.2354

{121} 0.24 0.26 0.2754 0.04
{233} 0.25 0.26 0.2554

K {100} 0.12 0.12 0.15,58 0.1254 0.17 0.11 0.15,55 0.13,56 0.1357

{110} 0.11 0.11 0.14,58 0.1154 0.77
{111} 0.13 0.13 0.17,58 0.1354 0.01
{114} 0.13 0.13
{120} 0.12 0.13 0.1254

{121} 0.12 0.13 0.1354 0.05
{233} 0.13 0.13 0.1354

Mg {001} 0.53 0.59 0.52,60 0.5454 0.17 0.69 0.79,55 0.76,56 0.4757

{11̅0} 0.63 0.70 0.6054 0.37
{11̅1} 0.65 0.71 0.6354 0.46
{110} 0.78 0.85 0.7254

{111} 0.78 0.84 0.7654

Zn {001} 0.32 0.41 0.3554 0.46 0.57 0.99,55 0.99,56 0.9257

{11̅0} 0.61 0.71 0.5354 0.54
{11̅1} 0.71 0.80 0.7054
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■ RESULTS AND DISCUSSION

Bulk Properties. The lattice constants and bulk moduli for
Al, Ca, K, Li, Mg, Na, and Zn were calculated and compared
with experimental and computational values reported in the
literature. Primitive cells of the metals were relaxed until the
structure that minimized the total energy was achieved. The
bulk moduli were calculated using a series of fixed-volume
cells, allowing the lattice and basis vectors of each to relax and
fitting the total energy versus volume data to the Murnaghan
equation of state.50 Table S2 lists the resulting lattice constants
and bulk moduli, along with experimental values and other
calculated values. There is excellent agreement between our
calculated lattice vectors, experimental measurements, and
those reported from other calculations which used the GGA-
PBE exchange−correlation functional; in all cases, the
disagreement is ∼2% or less. Similarly, less than 10%
disagreement is observed between the calculated and measured
bulk moduli. (One exception is Zn, which as noted in
Ledbetter’s compilation of Zn properties,51 could be because
of its relatively high anisotropy.)
To avoid spurious errors resulting from the differences in k-

point sampling sets between the surface and bulk simulation
cells, the energies of the atoms in the bulk were calculated
according to the method of Fiorentini and Methfessel.52

Following this method, slab models of varying thicknesses were
constructed for the surfaces under consideration. The in-plane
surface dimensions were obtained from the bulk lattice
parameters calculated previously, while the thicknesses of the
slabs were increased sequentially from 10 to 20 layers,
maintaining 15 Å of vacuum separation between the surfaces.
The total energies from the relaxed cell calculations were
plotted versus the number of layers, and the slopes of the linear
portions yielded the bulk energies.
Surface Energies and Wulff Plots. In order to identify

the most likely surfaces of the metal electrodes to be present
during ED, equilibrium crystallite shapes were predicted by
constructing Wulff plots from the calculated surface energies of
several plausible facets. Surfaces with the largest areal packing
densities are typically expected to exhibit the lowest surface
energies; thus, our surface energy calculations emphasize these
surfaces. Supercells contained slabs of 10−22 layers in
thickness, with the free surfaces separated by 20 Å of vacuum.
All atoms were relaxed to their minimum force positions. The
surface energy was calculated as

A
E n

1
2

( )slab
slab

0σ μ= −
(3)

where the surface area of the cell is given by A = |a × b|, with a
and b as the surface lattice vectors, Eslab is the total energy of
the slab cell, nslab and nbulk are the number of atoms in the slab
and bulk cells, respectively, and μ0 is the total energy per atom
of the bulk cell, calculated using the method described above.
The factor of 2 in the denominator accounts for the presence
of two surfaces in the slab calculations.
Mattsson and co-workers have discussed an error present in

local (local-density approximations, LDA) and semilocal
(GGA) DFT calculations on surfaces. This error arises from
the rapidly decaying nature of the electron density at the
solid−vacuum interface.61,62 A simple scheme was developed
to account for this error,63,64 which in practice involves adding
a correction to the surface energy as calculated with LDA, PBE,
or PW91 functionals. We have applied this correction in our

GGA-PBE-based surface energy calculations, which are
summarized in Table 2. To facilitate comparisons with earlier,
noncorrected calculations, our uncorrected surface energies are
also reported. As shown in the table, the present (uncorrected)
surface energies are in good agreement with earlier
calculations.
With these corrected surface energies, equilibrium crystallite

shapes (i.e., Wulff plots) were constructed using the Wulff-
maker program,65 Figure 1. In addition to listing the corrected

surface energies, Table 2 tabulates the respective fraction of the
crystallite surface area of each facet. Based on the surface
energies and areas, σweighted represents the area-weighted
average of the surface energy. This value is expected to be
the property most closely resembling experimental measure-
ments of the surface energy in the cases where the hkl index of
the surface is not known. Indeed, less than 12% disagreement
was observed between σweighted and the average of the
experimental values for each of Al, Ca, Li, Na, and Mg. The
discrepancy between theory and experiment is larger for
potassium (∼20%) and Zn (>40%). The absolute values for
the surface energy of K are smaller than those for the other
metals considered here, and therefore, a small variation yields a
greater percentage error. It should also be noted that other
calculated surface energies agree well with our calculated
surface energies, including those of Zn.
There are several possible explanations for the discrepancies

between the experimental and calculated surface energy of Zn,
one of which is the experimental method used to obtain the
surface energies. For example, Tyson55 established a linear
correlation between cohesive energy at 0 K and surface energy,
whereas de Boer et al.56 established a linear trend between
enthalpy of vaporization and surface energy. It has been
noted66,67 that these methods use observables that are
referenced to elements in the gas phase, which in the case of

Figure 1.Wulff plots for (a) Li, (b) Na, (c) K, (d) Ca, (e) Al, (f) Mg,
and (g) Zn. At ambient conditions, (a−c) adopt the BCC crystal
structure, (d−e) adopt the FCC structure, and (f−g) are HCP.
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the divalent metals Hg, Cd, Mg, and Zn, leads to significant
errors in the resulting surface energies. Furthermore, the
experimental values use surface tensions measured at high
temperatures, but then extrapolate to 0 K.55,66,67 Additionally,
several authors68,69 have noted that experimentally determined
surface energies are generally larger than those predicted by
calculations. This results from the presence of surface defects,
and the experimental surfaces being a mixture of several
crystallographic planes.
Overview of Thermodynamic Overpotential Calcu-

lations. The calculation of TOs has been used extensively to
examine electrocatalysts70−78 and metal−air bat-
teries.31,69,79−87 The calculated overpotentials from these
studies generally agree well with experimentally observed
overpotentials. The present study adopts this methodology to
explore overpotential contributions during the ED and
-dissolution of metal ions at metallic negative electrodes in
batteries. The goal is to examine trends in the TOs as a
function of the anode composition and surface structure, the
latter including various surface facets and adsorption/
desorption sites.
Our calculations consider terrace and step sites on the

electrode surface. In prior studies,31,83 it was observed that
application of the TO method at terrace sites alone led to an
overestimation of the overpotential; electrochemical reactions
at step and kink sites yielded predictions more in line with
experimental data. Nevertheless, it has also been suggested84,86

that at high current densities, the overpotentials resulting from
charge transfer at terrace sites can contribute to the
overpotential when a large number of terrace sites are
available. Additionally, the limited time available for surface
diffusion under high current densities implies that not all
electrodeposited ions will have sufficient time to migrate to
low-energy step/kink sites. Thus, it is reasonable to examine
the behavior at both terrace and kink sites.
TOs for ED were calculated for a series of atomic deposition

events on several low-energy surfaces of the seven metals

shown in Figure 1. Deposition on terrace sites was simulated
on 2 × 2 expansions of the surface unit cells. These slabs
comprised 5−12 layers, yielding slab thicknesses of 9−12 Å.
To assess finite-size effects, additional overpotential calcu-
lations were performed on larger 3 × 3 and 4 × 4 expansions of
the Mg(0001) terrace unit cell. Only a small change in the
calculated values was observed, and compared to the 2 × 2
system, the 3 × 3 overpotential differed by 3.5%, whereas the 4
× 4 system differed by 1.5%. All surfaces were constructed
using the calculated lattice parameters of the bulk cells. The
facets examined for TOs were those with the largest areal
fractions: {111} and {100} for Al and Ca; {110} and {100} for
Li, Na, and K; {001}, {11̅0}, and {11̅1} for Mg; and {001} and
{11̅0} for Zn. Additionally, deposition was simulated on
stepped surfaces comprising 11−20 layers, yielding slabs 9−12
Å thick. Step morphologies were approximated using {210}
surfaces for BCC metals, {212} for FCC metals, and {101̅7}
for HCP metals. To limit image interactions between kink
defects, 5−6 surface unit cells were used in the direction
parallel to the step edge.
The energetically preferred adsorption sites were determined

by a search over possible sites on each surface. This energy was
recorded, and subsequent deposition reactions were evaluated
in the presence of the adsorbate(s) produced in earlier steps.
Each configuration was allowed to relax until it met the force
convergence criterion, excluding the bottom two layers, which
were fixed to maintain a bulklike structure. This sequential
adsorption−relaxation process was continued until a complete
monolayer was deposited. TOs for electrodissolution (i.e., the
reverse of ED) were calculated starting from a complete
adsorbed monolayer and running the deposition procedure in
reverse.
Following earlier applications of the TO method,31,69−87

each deposition or stripping event, inclusively referred to here
as a “step,” is described by the equilibrium reaction: (Mz+ +
ze−) + * ⇆ M0*, where Mz+ represents the metal cation
incident upon the metal surface during deposition, the lone

Figure 2. Calculated deposition/dissolution reaction energies on the terraces of three representative metallic anodes: (a) Li{110}, (b) Ca{111},
and (c) Mg{0001}. Deposition energies are read left to right, and dissolution energies are read right to left. Reaction energies are plotted for three
scenarios of applied potential, V:V = E0, represented with the black line, corresponds to the equilibrium potential for a given metal; V = ηdep, dark
gray line, where ηdep is the thermodynamic overpotential for deposition; and V = ηdes, light gray line, where ηdes is the thermodynamic overpotential
for desorption. Images above the plots show the state of the simulation cells at each reaction step. Dark green, yellow, and red represent the Li, Ca,
and Mg electrode surface atoms, respectively, whereas light green, orange, and yellow represent Li, Ca, and Mg adatoms, respectively.
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asterisk (*) represents an adsorption site on the surface, z is
the oxidation number of the cation, e− represents an electron,
and M0* is the adsorbed metal adatom after adsorption and
reduction.
At equilibrium, the reaction energy associated with each

deposition step i in the adsorption sequence is calculated as
ΔErxn,i

dep = Ei − Ei−1 − μ0. Here, Ei is the total energy of the
surface cell with i metal atoms adsorbed on the surface, Ei−1 is
the energy of the same cell with i − 1 adatoms (i.e., from the
previous deposition event), and μ0 is the chemical potential of
the bulk metal. Equivalent reaction energies can be defined for
the dissolution process, ΔErxn,i

diss . The Nernst equation allows
reaction energy to be expressed in terms of potential, U, as

U
E

ze
irxn,= −

Δ
(4)

At the equilibrium potential for each metal, the reaction free
energy change will in principle vanish, ΔErxn,i

dep = ΔErxn,j
diss = 0, as

there is no net reaction. However, as a result of surface
heterogeneity and differences between bonding of adatoms on
the surface and within the bulk, ΔErxn,i

dep and ΔErxn,i
diss will in

general not be equal to zero for each deposition/dissolution
event. (Nevertheless, the sum of ΔErxn,i and overall deposition/
dissolution events that replicate the initial surface structure will
be approximately zero. This can be seen by noting that such a
sum corresponds to the addition/subtraction of a full
monolayer to/from the surface, which is equivalent to
increasing/decreasing the thickness of the slab by one bulklike
layer.)
Deviations of ΔErxn,i

dep and ΔErxn,j
diss from zero are interpreted via

eq 4 as thermodynamic contributions to the overpotentials
associated with plating or stripping. The most endothermic of
these reaction energy changes encountered during the
deposition or dissolution process is identified as its respective
TO
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The sign difference between these two expressions maintains
the convention such that plating potentials are negative and
stripping potentials are positive.

Deposition/Dissolution on Terraces. Taking the
Li{110}, Ca{111}, and Mg{0001} surfaces as examples, Figure
2 plots the partial sums of the reaction energies, ∑iΔErxn,i, for
deposition and dissolution as a function of the reaction step.
Reading the plots from left to right represents the deposition
reaction, whereas reading the plots from right to left represents
dissolution. The thick black lines represent the equilibrium
condition (i.e., operation at each metal’s standard potential).
Ideally, and as described above, ΔErxn,i

dep = ΔErxn,j
diss = 0 for all steps

when in equilibrium. This is consistent with a scenario where
the local structure of the deposited atom is similar to an atom
in the bulk. However, heterogeneity in the surface structure
gives rise to nonzero reaction energies. An endothermic
reaction step contributes a thermodynamic barrier to the
reaction.
Taking deposition on Li{110} as an example, reaction step

1, which represents depositing a single atom onto the pristine
surface, has a reaction energy, ΔErxn,1

dep = 0.26 eV. The reaction
energy changes for the second, third, and fourth deposition
steps are −0.03, 0, and −0.23 eV, respectively. The first
deposition step is the most endothermic and represents the
limiting step. This step therefore determines the TOs for
deposition, ηdep = −0.26 V, eq 5. Application of this potential
results in all deposition steps being exothermic, ΔErxn,i

dep (V =
ηdep) ≤ 0, dark gray curve; thus, deposition will occur
spontaneously under these voltage conditions. Similarly,
reading from right to left for dissolution, the first dissolution
step ΔErxn,1diss = 0.23 eV is limiting, thus, ηdiss = 0.23 V.
Application of a potential equal to 0.23 V results in all
dissolution steps being exothermic, ΔErxn,jdiss (V = −ηdiss) ≤ 0.
This behavior is shown with the light gray curves in Figure 2.

Figure 3. Calculated thermodynamic overpotentials for ED and -dissolution on seven metals as a function of the surface facet and surface
morphology (terraces vs steps). Facets of a given metal are arranged according to ascending surface energy, and metals are grouped by columns of
the periodic table. Solid orange/green bars represent plating overpotentials on terraces/steps; cross-hatched bars represent stripping overpotentials
on terraces and steps. For simplicity, only the absolute value of the overpotential is plotted.
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Figure 2a−c shows that the initial deposition step onto an
empty terrace is consistently the most endergonic step,
independent of surface composition. This results from the
initial deposition site presenting the least number of nearest
neighbors for bonding; this step nucleates a new, single-atom
island on top of an existing terrace. Similarly, the final
deposition step, 3→ 4, is consistently the most exergonic. This
behavior can be explained by the adsorbed species forming a
pit in step 3, which subsequently becomes filled upon
deposition (step 4). This geometry provides the maximum
number of nearest neighbors available to an arriving atom. The
reaction energy summed over the entire deposition process is
approximately zero, as expected. The reaction energy profile
between the initial and final reaction steps exhibits a plateau-
like shape with nearly constant reaction energies. These
energetic similarities suggest that the plateau reaction steps are
structurally similar; indeed, these steps all correspond to
deposition/stripping from sites at the edge of the island.
Figure 3 summarizes the TOs across all of the metal surfaces

examined. The data are grouped by metal and arranged for a
given metal according to increasing surface energy. We first
discuss trends in the TO for terrace reactions, represented in
Figure 3 by the orange bars (deposition) and overlaid blue
cross-hatching (dissolution). Broadly speaking, the calculated
TOs on terraces are generally large, ranging from 100 to 500
mV. These values are somewhat larger than those typically
observed experimentally at low current densities; see Table S1.
As discussed above, this overestimation may be due to the
assumption of a terrace-based mechanism, which may not be

the preferred experimental adsorption/dissolution site at low
rates.
The second trend in the data pertains to the group I metals,

Li, Na, and K, which generally exhibit lower TOs compared to
the group II metals (Ca and Mg), group III metal (Al), and the
transition metal (Zn). This trend is in rough agreement with
the experimental overpotentials in Table S1, especially
considering that the scan rates for the alkali metals reported
there are, on the whole, at least twice those of the group II and
group III metals. This trend of less efficient plating in the di-
and trivalent metals would be further evident if the reaction
energies, ΔErxn,i, rather than the TOs, were plotted in Figure 3,
as this would result in a doubling of the plotted values for the
divalent metals and a tripling for trivalent Al.
To explain the lower overpotentials observed for the alkali

metals, we recall that they crystallize in the BCC structure,
whereas the other metals adopt FCC or HCP lattices. BCC
bulk atoms have a coordination number (CN) of 8, whereas
for the close-packed FCC and HCP systems, the atoms have
CN = 12. Focusing on deposition, we recall that the TO is
determined by the initial deposition event. Therefore, the
origin of the relatively lower overpotential for the alkali metals
should be tied to the bonding environment of these initially
deposited adatoms. These adatoms are coordinated by 4 or 5
nearest neighbors on the {110} and {100} surfaces,
respectively. In contrast, the CNs for adatoms on the FCC
and HCP metals (Mg, Ca, Al, and Zn) are at best similar to the
BCC surfaces and are often smaller: CN = 3 on the close-
packed {111} and {0001} surfaces; CN = 4 on the FCC {100}
surfaces and on Mg {11̅00} and {11̅01}; and CN = 2 on

Figure 4. Calculated deposition/dissolution reaction geometries (a) and energies on stepped surfaces of three representative metallic anodes: (b)
Li{210}, (c) Ca{212}, and (d) Mg{101̅7}. In panel (a), dark green spheres represent the substrate Li atoms and yellow represents the deposited Li
atoms. Atoms are deposited along the step edge until a full row has been completed. (b−d) Reaction energies as a function of the reaction step for
three scenarios of applied potential, V:V = E0, represented with the black line, corresponds to the equilibrium potential for a given metal; V = ηdep,
dark gray line, corresponds to the potential needed to overcome the thermodynamic overpotential for deposition; and V = −ηdiss, light gray line,
corresponds to the potential needed to overcome the thermodynamic overpotential for desorption.
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Zn{11̅00}. Comparing the bulk CNs to the CNs of the initially
deposited adatoms, we note that the BCC alkali metals have
the smallest surface-to-bulk CN difference. In other words, the
surface bonding environment experienced by the alkali metal
adatoms is more similar to their bulklike coordination than in
the FCC or HCP systems, as illustrated in Figure S4. We
postulate that this similarity results in relatively lower TOs for
the alkali metals. A similar argument based on CN has been
invoked to explain differences in dendrite formation tendencies
during ED of metals.60

Additional trends apparent in Figure 3 relate to the surface
energy and the asymmetry between deposition and dissolution.
Regarding surface energy effects, we note that the TO
generally decreases with increasing surface energy. In the
case of deposition, this trend can be rationalized by
recognizing that the atoms comprising a high-energy facet
are more reactive to (i.e., more readily bond with) adatoms. In
the case of stripping, and assuming a simple picture of surface
energetics that depends only on bond counting, it will be
energetically easier to remove an atom (step 4 → 3) from a
high surface energy facet because of the fewer bonds that must
be broken (relative to a more stable surface). This qualitatively
explains the reduction in TOs for stripping on higher surface
energy facets.
Deposition/Dissolution on Step Edges. Figure 4 shows

the calculated reaction energies for deposition and dissolution
on selected stepped surfaces for Li, Ca, and Mg. Data for the
other four metals are given in Figures S1−S3. Similar to the
energy profile for plating/stripping on terraces, Figure 2, the
limiting reaction on stepped surfaces is always the first
deposition or stripping event, which corresponds to the
nucleation of a kink. An additional similarity with the terraced
surfaces is the plateau-like shape of the reaction profile. The
reactions comprising the plateau region exhibit similar energies
because they all correspond to the same process, that is,
propagation of a kink along the step edge.
An important difference between the stepped and terraced

surfaces is the magnitude of the TO. For the systems depicted
in Figure 4, the TO ranges from −0.13 to 0.13 V. These values
are roughly 2−3 times smaller than those for terraces reported
in Figure 2. The trend of the stepped surfaces exhibiting
significantly smaller TOs is maintained across the other metals,
as shown in Figure 3. This trend can be understood using a
simple bond-counting argument; adsorption at a step edge or
kink presents a larger number of coordinating atoms compared
to adsorption on a terrace.
Steady-State Nucleation Rate. In the case of nucleation

during the ED process, assuming that the process is controlled
by the kinetics of the electrochemical reaction and not by the
diffusion of atoms on the surface, the frequency of collision of
the atoms with the critical nucleus, ωc in eq 2, is defined as
Sci0/ze, in which Sc is the surface area of the critical nucleus
and i0 is the exchange current density.47 Moreover, under an
applied potential, Uapp, the formation energy of the critical
nucleus, ΔGc, can be written as47

G Uze( )c dep appηΔ = − − (6)

The calculated steady-state nucleation rate and formation
energy of the critical nucleus for ED on terrace and step sites at
an applied potential of −10 mV are listed in Table S3 of the
Supporting Information.

Figure 5 shows the steady-state nucleation rate as a function
of applied potential for ED on terrace and step sites obtained

using our calculated TOs as the input to eq 1. The relatively
small TOs predicted for the alkali metals (Li, Na, and K)
generally result in higher steady-state nucleation rates
compared to the other metals, regardless of whether plating
occurs on terraces or at steps. However, as discussed earlier
and as demonstrated in Figures 2−4, the TO for plating at step
sites is smaller than that on terrace sites. This results in a
steady-state nucleation rate that is several orders of magnitude
higher at steps compared to terrace sites, independent of the
choice of metal. This is attributed to the exponential
relationship between the reaction energies of initial deposition
and the nucleation rate as defined by eq 2. The relative
ordering of the surfaces/metals with respect to their nucleation
rate is similar for step and terrace deposition sites. Never-
theless, the rates on the step sites are more tightly clustered,
suggesting that deposition in these cases is less sensitive to the
metal’s composition.
Figure 5 also illustrates that the nucleation rate increases

with the application of a more negative potential, as expected.
The slope of each line is proportional to the number of
transferred electrons, z, during the electrochemical reduction
of the corresponding metallic ion. By applying a negative
potential, Uapp, the formation energy of the critical nucleus

decreases by Uze app , which exponentially increases the steady-

state nucleation rate.
A number of studies argue that the nucleation phenomenon

is one of the key parameters that governs how a metal will plate
during ED. For example, mesoscale simulations of Li dendrite
growth indicate that more uniform deposition (i.e., impinge-
ment and subsequent stable growth) can be achieved when
nuclei are more densely distributed,88 as would be afforded by
a large population of kink sites on the electrode surface.
Experimentally, the role of nucleus density on the plating
behavior has been examined by Garcia et al.,89 who reported
the prevention of dendrite formation in Zn metal anodes by
introducing a nucleation pulse to increase the initial coverage
of Zn nuclei. More recently, Rehnlund et al. showed that
dendrite-free Li deposition can be achieved by using a
decreased Li salt concentration and a short nucleation pulse,
which resulted in an increased nucleus density on the electrode
surface.90

Figure 5. Steady-state nucleation rate as a function of applied
potential, Uapp, for plating on (a) terrace and (b) step sites on seven
metal negative electrodes. Uapp is varied from −30 to −10 mV vs the
corresponding equilibrium potential for each metal.
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■ CONCLUSIONS
The TOs and associated nucleation rates are calculated for
seven metals (Li Na, K, Mg, Ca, Al, and Zn) considered as
potential anodes for next-generation rechargeable batteries.
The magnitude of the calculated overpotentials is in many
cases similar to the measured values and ranges from tens to
hundreds of mV. These calculations also provide insight
regarding the inefficiencies associated with ED of Ca and Mg;
the calculated overpotentials for these metals are amongst the
largest overall, consistent with measurements.
We observe that a metal’s crystal structure correlates with

the efficiency of plating and stripping; body-centered cubic
alkali metals are predicted to be among the most efficient
systems, whereas the remaining metals, all of which possess
close-packed crystal structures, are predicted to have higher
TOs. As expected, ED/dissolution is most efficient at kink sites
on steps, while undercoordinated terrace sites yield the largest
TO. Trends involving surface energies are discussed. Differ-
ences between the calculated overpotentials and experimental
measurements highlight the importance of kinetic factors
(which are not accounted for in the present approach), such as
Ohmic resistance in electrolytes, diffusion through solid
electrolyte interphases, surface diffusion, electron transfer, etc.
Steady-state nucleation rates were estimated using a classical

nucleation model informed by the present DFT calculations.
These simulations allow for a comparison of ED nucleation
rates on different metallic surfaces and surface features (e.g.,
terraces vs step edges). The small TOs predicted for plating at
step edges result in higher nucleation rates at these features,
suggesting that a large population of kink sites will promote
efficient cycling. Nucleation rates on terraces differ by several
orders of magnitude across the metals, with rates on the body-
centered cubic metals predicted to be the fastest. In contrast,
nucleation rates at step edges are within a few orders of
magnitude of each other, indicating a weak dependence on
metal composition. This approach demonstrates a technique
for linking atomistic data with a continuum nucleation model,
and highlights the sensitivity of the nucleation behavior on the
structure and composition of the electrode surface.
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Überspannung. Z. Phys. Chem. 1930, 150, 203−213.
(33) Sahari, A.; Azizi, A.; Schmerber, G.; Dinia, A. Nucleation,
Growth, and Morphological Properties of Electrodeposited Nickel
Films from Different Baths. Surf. Rev. Lett. 2008, 15, 717−725.
(34) Willis, M.; Alkire, R. Additive-Assisted Nucleation and Growth
by Electrodeposition. J. Electrochem. Soc. 2009, 156, D377−D384.
(35) Stephens, R. M.; Alkire, R. C. Additive-Assisted Nucleation and
Growth by Electrodeposition II. Mathematical Model and Compar-
ison with Experimental Data. J. Electrochem. Soc. 2009, 156, D385−
D394.
(36) Sun, M.; Liao, H.-G.; Niu, K.; Zheng, H. Structural and
Morphological Evolution of Lead Dendrites During Electrochemical
Migration. Sci. Rep. 2013, 3, 1−6.
(37) Saidi, W. A. Density Functional Theory Study of Nucleation
and Growth of Pt Nanoparticles on MoS2(001) Surface. Cryst. Growth
Des. 2015, 15, 642−652.
(38) Prestianni, A.; Ferrante, F.; Sulman, E. M.; Duca, D. Density
Functional Theory Investigation on the Nucleation and Growth of
Small Palladium Clusters on a Hyper-Cross-Linked Polystyrene
Matrix. J. Phys. Chem. C 2014, 118, 21006−21013.
(39) Ferrante, F.; Prestianni, A.; Cortese, R.; Schimmenti, R.; Duca,
D. Density Functional Theory Investigation on the Nucleation of
Homo- and Heteronuclear Metal Clusters on Defective Graphene. J.
Phys. Chem. C 2016, 120, 12022−12031.
(40) Kohn, W.; Sham, L. J. Self-Consistent Equations Including
Exchange and Correlation Effects. Phys. Rev. 1965, 140, A1133−
A1138.
(41) Kresse, G.; Hafner, J. Ab initiomolecular dynamics for liquid
metals. Phys. Rev. B: Condens. Matter Mater. Phys. 1993, 47, 558−561.
(42) Kresse, G.; Furthmüller, J. Efficiency of ab-initio Total Energy
Calculations for Metals and Semiconductors using a Plane-Wave Basis
Set. Comput. Mater. Sci. 1996, 6, 15−50.

(43) Kresse, G.; Furthmüller, J. Efficient iterative schemes forab
initiototal-energy calculations using a plane-wave basis set. Phys. Rev.
B: Condens. Matter Mater. Phys. 1996, 54, 11169−11186.
(44) Kresse, G.; Joubert, D. From Ultrasoft Pseudopotentials to the
Projector Augmented-Wave Method. Phys. Rev. B: Condens. Matter
Mater. Phys. 1999, 59, 1758−1775.
(45) Perdew, J. P.; Burke, K.; Ernzerhof, M. Generalized Gradient
Approximation Made Simple. Phys. Rev. Lett. 1996, 77, 3865−3868.
(46) Blöchl, P. E. Projector Augmented-Wave Method. Phys. Rev. B:
Condens. Matter Mater. Phys. 1994, 50, 17953−17979.
(47) Gamburg, Y. D.; Zangari, G. Theory and Practice of Metal
Electrodeposition; Springer: New York, 2011.
(48) Toschev, S.; Markov, I. Transient Nucleation in Electro-
deposition of Mercury. J. Cryst. Growth 1968, 3-4, 436−440.
(49) Balluffi, R. W.; Allen, S. M.; Carter, W. C.; Kemper, R. A.
Kinetics of Materials; Wiley-Interscience: Hoboken, N.J., 2005.
(50) Murnaghan, F. D. The Compressibility of Media Under
Extreme Pressures. Proc. Natl. Acad. Sci. U.S.A. 1944, 30, 244−247.
(51) Ledbetter, H. M. Elastic Properties of Zinc: A Compilation and
a Review. J. Phys. Chem. Ref. Data 1977, 6, 1181−1203.
(52) Fiorentini, V.; Methfessel, M. Extracting Convergent Surface
Energies from Slab Calculations. J. Phys.: Condens. Matter 1996, 8,
6525−6529.
(53) Feldbauer, G.; Wolloch, M.; Bedolla, P. O.; Mohn, P.;
Redinger, J.; Vernes, A. Adhesion and Material Transfer Between
Contacting Al and TiN Surfaces from First Principles. Phys. Rev. B:
Condens. Matter Mater. Phys. 2015, 91, 165413.
(54) Tran, R.; Xu, Z.; Radhakrishnan, B.; Winston, D.; Sun, W. H.;
Persson, K. A.; Ong, S. P. Surface Energies of Elemental Crystals. Sci.
Data 2016, 3, 160080.
(55) Tyson, W. R.; Miller, W. A. Surface Free Energies of Solid
Metals: Estimation from Liquid Surface Tension Measurements. Surf.
Sci. 1977, 62, 267−276.
(56) de Boer, F. R.; Boom, R.; Mattens, W. C. M.; Miedema, A. R.;
Niessen, A. K. Cohesion in Metals: Transition Metal Alloys; North-
Holland: Amsterdam, 1988.
(57) Tyson, W. R. Surface Energies of Solid Metals. Can. Metall. Q.
1975, 14, 307−314.
(58) Wang, J.; Wang, S.-Q. Surface Energy and Work Function of
FCC and BCC Crystals: Density Functional Study. Surf. Sci. 2014,
630, 216−224.
(59) Fu, J.; Zhang, C.; Zhao, J. Gupta Potential for Alkaline Earth
Metals: Calcium and Strontium. Comput. Mater. Sci. 2014, 85, 142−
146.
(60) Jac̈kle, M.; Groß, A. Microscopic Properties of Lithium,
Sodium, and Magnesium Battery Anode Materials Related to Possible
Dendrite Growth. J. Chem. Phys. 2014, 141, 174710.
(61) Kohn, W.; Mattsson, A. E. Edge Electron Gas. Phys. Rev. Lett.
1998, 81, 3487−3490.
(62) Mattsson, A. E.; Kohn, W. An Energy Functional for Surfaces. J.
Chem. Phys. 2001, 115, 3441−3443.
(63) Mattsson, T. R.; Mattsson, A. E. Calculating the Vacancy
Formation Energy in Metals: Pt, Pd, and Mo. Phys. Rev. B: Condens.
Matter Mater. Phys. 2002, 66, 214110.
(64) Mattsson, A. E.; Armiento, R.; Schultz, P. A.; Mattsson, T. R.
Nonequivalence of the Generalized Gradient Approximations PBE
and PW91. Phys. Rev. B: Condens. Matter Mater. Phys. 2006, 73,
195123.
(65) Zucker, R. V.; Chatain, D.; Dahmen, U.; Hageg̀e, S.; Carter, W.
C. New Software Tools for the Calculation and Display of Isolated
and Attached Interfacial-Energy Minimizing Particle Shapes. J. Mater.
Sci. 2012, 47, 8290−8302.
(66) Miedema, A. R. Surface Energies of Solid Metals. Z. Metallkde.
1978, 69, 287−292.
(67) Miedema, A. R.; Boom, R. Surface-Tension and Electron-
Density of Pure Liquid-Metals. Z. Metallkde. 1978, 69, 183−190.
(68) Hayun, S.; Tran, T.; Ushakov, S. V.; Thron, A. M.; van
Benthem, K.; Navrotsky, A.; Castro, R. H. R. Experimental
Methodologies for Assessing the Surface Energy of Highly

ACS Applied Materials & Interfaces Research Article

DOI: 10.1021/acsami.8b19787
ACS Appl. Mater. Interfaces 2019, 11, 7954−7964

7963

http://dx.doi.org/10.1021/acsami.8b19787


Hygroscopic Materials: The Case of Nanocrystalline Magnesia. J.
Phys. Chem. C 2011, 115, 23929−23935.
(69) Smith, J. G.; Naruse, J.; Hiramatsu, H.; Siegel, D. J. Theoretical
Limiting Potentials in Mg/O2 Batteries. Chem. Mater. 2016, 28,
1390−1401.
(70) Nørskov, J. K.; Rossmeisl, J.; Logadottir, A.; Lindqvist, L.;
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